Symmetrically positioned data in a rectangular array can be predicted by easily applied operational equations. Several examples are listed.
Introduction
A nine-point rectangle is illustrated in Fig. 1 below. Missing data at the lettered vertices can be predicted from data at the other vertices. An approach to this problem was illustrated many years ago [1] [2] [3] . The equations are easy to apply.
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The general approach is based on operational interpretation of D E F trigonometric identities [1] . That method renders two kinds of A B C prediction equations: (1) those that are exact on simple exponential Fig. 1 functions as well as the circular and hyperbolic sine and cosine;
(2) those that are exact on bilinear numbers and the squares of bilinear numbers. Examples of both categories appear below.
Exponential-type formulas
Exponential-type formulas are exact when u(x) = 2 x , or sin(x o ), cos(x o ), sinh(x), cosh(x) and when A,B,C … I = u(1),u(2),u(3) … u(9). See Fig. 1 . They also apply to data that are monotonic-decreasing and when Fig. 1 is rotated through a right angle. These properties permit the listed formulas to estimate data missing from the vertices in Fig. 1 . The exponential-type formulas are sensitive to translation of the data. That property is used to generate the formulas in Section 3 below. 
Polynomial-type formulas
Polynomial-type formulas are exact on bilinear numbers and the squares of bilinear numbers. The equations apply primarily to data that are monotonic-increasing ordecreasing or when such data are rotated through a right angle. The formulas are insensitive to translation of the data. They are obtained adding a term T to each letter in Eqs.
(1)-(28) and then finding the limit of the expressions as T increases indefinitely. In many cases this method reveals new equations relating the nine data at the lettered positions in Fig. 1 . The following list is typical but not exhaustive. 
I(D-F) -(B(D-2E+F) + (F-E)(D-2H-F)) = 0 (30) (I+A+C+G)((H-B) 2 -(F-D) 2 ) + 2(I-A)(HD-BF) + 2(G-C)(HF-BD) -2(B+D+F+H)(B+D-F-H)(B-D+F-H) = 0 (31) (I-A)(B-D+F-H) -(G-C)(B+D-F-H) = 0 (32)
F((2C-B-D)(E-A) 2 +(E+A-2C)(B-D) 2 )((2A-D-H)(E-G) 2 +(E+G-2A)(D-H) 2 ) = 0 (48) ((2C-B-D)(E-A) 2 +(E+A-2C)(B-D) 2 )((2I-F-B)(E-C) 2 +(E+C-2I)(F-B) 2 ) = 0 (49) ((2I-F-B)(E-C) 2 +(E+C-2I)(F-B) 2 )((2G-H-F)(E-I) 2 +(E+I-2G)(H-F) 2 ) = 0(50)
Discussion
The purpose of the equations is to estimate a missing datum in Fig. 1 by means of other data in the array. For example, a number missing from vertex F in Fig. 1 can be predicted from data at vertices A,C,D,G,I using Eq. (18). Equations for eight-point rectangles can be obtained by elimination of E from two equations taken from the same class of analogous equations. Expansion of the equations in both sections may reveal redundancies that were masked by their tedious natures and hence escaped detection. When an equation generates multiple roots the user makes the best selection for his purpose. The summary suggests the abundance of formulas that can be derived by operational interpretation of the trigonometric identities [1] [2] [3] . Caution is advised when using the curious Eqs. (48)-(50).
This paper lists more examples of difference equations in the exponential-type category than in the polynomial-type category. It is not presently known if that represents a genuine phenomenon or if it is merely an artifact of one person's experience. Occasionally, an equation in the polynomial category is found to be exact on the first, second, and third powers of bilinear numbers in Fig. 1 .
Other examples of these equations can be found in various reports prefixed by the letters MLM-or LA-UR-. They were prepared by the author and published by contractors for the U.S. Department of Energy or its predecessor organizations.
